1. Introduction. In this paper a solution of the moment problem given by Hausdorff 2 for a bounded interval is extended to any bounded region in euclidean w-space, under certain conditions on polynomial expansions over the region. The resulting solution is valid for the w-dimensional sphere, and includes the Hausdorff case as well as the known conditions on the "class" of Fourier and FourierStieltjes series. 2. Definitions and notation. Let «bea positive integer, fixed but arbitrary. R n will denote the euclidean espace, (x) and (y) will stand for (#1, X2, • • • , x n ) and (yi, y%, • • • , y n ), points of R n , and E a bounded, closed subset of R n . v, r, i, j, k, and s, will be used for nonnegative integers, and (k), (s), and so on, will denote ordered n-tuples of non-negative integers
, {/*<»»)} will be a sequence of real numbers, and {U ( k)(x)\ and { V(k)(x)} will be two sequences of polynomials such that
and by fE(y)f(x, y)d$(E) will be meant the Lebesgue-Stieltjes integral over £ of ƒ considered as a function of a point (3/). B will be used for any Borel set with BÇZE.
If ƒ is integrable over E we define
Let L v for every v be a partition of i? n into two subsets, one closed and bounded. We write (k)Ç:L v to indicate that (k) belongs to the bounded subset defined by L v , and require that for every (k) there exist a v such that (k) ££", and that 3. Moment problem. A solution of the moment problem for the set E is given in the following theorem:
and T satisfying the conditions above, and such that TS v (x, y)=K v (x, y)^0 for all (#)> (y)&E, an d oil v, and such that for any f integrable over E T® v (f, x)-*f(%) for every (x)ÇE.E for which ƒ is continuous, and uniformly on E if f is continuous on E, then in order that a sequence {M( W ) } be expressible in the form
where <£ is completely additive, defined over at least all Borel sets of R n , and with
( 
1) f E \d$(E)\ £M, (2) *(J5)èO, (3) $(B)=f B <t>(x)dx and with
The proof in each of the six cases closely parallels that of Hausdorff. 2 The proof is given for case (1) to indicate the modifications: Necessity. We have 
whence /* (tf) {F (fc) (y)} =fEV(k)(y)d$(E), and $ is a solution.
4. Examples and conclusion. If E is the unit sphere in R n , { U( k ) (x)} and { FM (x)} may be taken as the normalized polynomials of Appell-Didon, 6 (k)E.Lv to mean Xl?-i^* = ^» an d T any (C, r) with r^n + 1. 6 In particular, for w = 1 this reduces to the Hausdorff solution for the unit interval. If E is the circumference of the unit circle we may set
, and, for k >0, 2 sin kd with (s)£L" meaning s^2v y T any (C, r) with r^l. 7 Sequences { £ƒ(&)(#)} and { V(k)(x)) can be constructed by the Schmidt process for any bounded region in R n . It would be interesting to know whether regular Toeplitz transformations of the type required for the present theorem exist in general.
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